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Localization is a functor A-Mod — S~'A-Mod
Context: A V‘“Q S C A mult sabset.
S A= localization of f ot S,
Moig A-module.  S'M is STA module.

A Nl o Sh

Thy A-mades WS Ob) SRAodules
\ P\ od WMo r Kigms S A ,M,o?

Mo\@\\ ™S \\,o':"m ( pamamory,

FM->N — STM2§7N.



Localization is an exact functor
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Localization at S is — ® S !A
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Localization at S is — ® S~1A ‘
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Localization at S is — ® S !A
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What is a local property?
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Local Property 1: Zero-ness

TEAE: D) M=0.
Ly MU:O ‘O‘r Gavfmc-

3) M =0 ¥y mavieel.

)P ) D) 3) (el maniealy ar pin)
3) = 1) Supgose not. M0 I IxeM x+o.
b = m\h(x);A. S A C forsome
hatima |- Congidec "ieMm:O = 5%-.0-

2y cANm wih yreo 9 4 ¢ 3



Local Property 2: Injectivity
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Local Property 2: Injectivity
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Local Property 3: Flatness

Lk A be acivg, M an A-mod. TFAE:
1) M flaf A -modul e.
) My, fHab A-medule Ve prme.
g) Mﬂ/ %‘“{’ P(W'WW(RMLL \f'(v\/ muy]mc\l.
?ﬁvj-, =3 M, = N\@]AF
flr 0 fld = fab. 1) 93) wax ppwe-
)= \) Lt N> 9 in‘jegji\le.
4 N P wjeddne 9 My, @Ny—> M0,



Local Property 3: Flatness
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