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Why the asymmetry?
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Primes of Artin Rings

Krull Dimension & Artin Rings

Artin local rings



Every prime is maximal



Every prime is maximal



Nilradical = Jacobson Radical



Finitely many maximals



Finitely many maximals



Nilradical is Nilpotent



Nilradical is Nilpotent



Def: Krull Dimension



dim(Artin ring) = 0



Artin ring = dim-0 Noetherian ring



Artin ring = dim-0 Noetherian ring
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Example: Non-Noetherian
dim-0 Local Ring



mn in Noetherian Local Ring



Structure Theorem for Artin Rings

An Artin Ring A is uniquely (up to isomorphism) a
finite direct product of Artin local rings.



Proof ⇒



Proof ⇐



Proof ⇐



Artin local ring w principal maximal ideal
Let A be local Artin ring, m its maximal ideal, and
k = A/m. TFAE:
1. Every ideal in A is principal.
2. The maximal ideal m ⊆ A is principal.
3. dimk(m/m2) ≤ 1.
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